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Metoapl annpokcuManuM (pyHKUMH.
IHocranoBka 3agayu npuOJMKeHU (PYHKIUH.

3axaum, npuBoOAsALIME K 3a1a4e NPUOIHKeHUs PyHKIMIM.

e Oyukuust y = f(x) 3aaaHa TabNUIEH CBOMX 3HAYCHHIA:
L1 | X2 | L3 | | Tk

Y | Y2 | Ys | == | Yk
d BBIYUCJIICHUA HpOI/ISBOI[SITCﬂ B TOUKax, HE COBIIagarOux C Ta6J'II/ILIHI>IMI/I.

e Boruncienne 3HadeHuss GyHKuuu y = f(2) CBsI3aHO CO 3HAYUTEIHHBIMH
TPYAHOCTSIMM U IIPUBOAMT K OOJIBIIMM 3aTpaTaM MAaIlMHHOTO BPEMEHH.

B sToM ciydae, paccMarpHBaeTCs 3ajada O HAWIYYLIeM MPUOIMKCHHH B
HOPMHPOBaHHOM TIpOCTpancTBe H, koraa 3amanuyro ¢yHkuuio y € H tpebyercs
3aMCHHTB JIMHEWHON KoMOuHauuei ¢ € H Tak, 4T00sI OTKIOHEHHE ||y — || GBLIO

MHWHHUMAJIbHBIM.

B 3aBucHMOCTH OT METPHKH p PA3INYAIOT HECKOJIBKO PA3JINYHBIX IOCTAHOBOK
3a7a4M anmnpokcumanuu. [IpuBeneM HEKOTOPBIE U3 HUX.
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ToueyHasi anMPOKCUMALMS

Venosust Onmuzoctr GyHKimi () u y(x) GOpMYyIUPYIOTCS Ha KOHEYHOM
MHOXKECTBE TOUEK: @ = To < L1 < T < ... < x, = b. [Ipu 3tom dyHkwn y(z) u
©(7) 3aMeHSFOT BEKTOpaMH UX 3HAYCHUI HA TaHHOM MHOKECTBE TOUCK, T.C.

y(@) — (y(@o), y(z1),y(z2), ... y(xa))" € R™H.

(1) ITpu TakoM MOIX0/I€ MOXKHO MCIIOJIb30BaTh CTAHAAPTHYIO METPUKY Ha R":

n

p(y, ) = Z (y(2;) — o(2))* — min.

1=1

B aTOM Ciyuae roBopst, uto () — Hantydiiee npuosmKeHne y(r) B CpeaHeKBa-
JPAaTUIHOM TIPH TOUCYHON allPOKCUMAIIHH.

(2) B HekoTOpBIX ciaydasix ONKMCAHHAS BBIIIE 337a4a BBIPOXKAAETCA B 3aJa4y
MPOCTO MHTEPHOJSINUHU, T.e. Tpebyercs momodparh Takyr (GyHKIUI ©(),
YTOOBI

(i) = y(;).
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JIMHeHAsl UHTEePIOJISALMSA
Bizocts dyrkiuu y(x) U @(x) mocturaercs BBeIEHUEM B () CBOOOIHBIX
napametpoB a = {ag, a1, az,as,...,a,}.

OcHoBHas 3a/1a4a — IOA00P YIa4HOTO BUJA (DYHKIMOHAIBHON 3aBUCUMOCTH
p(z,a).
[Tycts GyHkmust y(r) U3BECTHA TONBKO B y3JIaX HEKOTOPOM CETKH T;, T.

e. 3amana TaOnuueil. I[lorpeGyem, uToObI (r,a) coBHamana ¢ TaOINYHBIME
3HauCHHUAMH () B BBIOPAHHBIX y3J1aX CETKH:

gp(xiua'()?al;a?)"'?an) :y(xl) = Yi, 1 <0<n (1)

[Tonydyaem cucrtemy U3 1 ypaBHEHUH, U3 KOTOPON MOXHO OINPEIEIUTh HEU3BECT-
HbIE KO3(PPHUIIUEHTHI a;.

[Tony4eHHBIH croco0 moadopa napaMeTpoB Ha3bIBAETCS HHTEPIOJISAIHEN UK
JarpaHKeBoOil HHTEPIIOISALUEN.

Ecin (x,a) HENMMHEWHO 3aBHCHT OT MAapaMeTPOB, TO HHTEPIIOSIIHIO
Ha3bIBAIOT HeJHMHEHHOH. B 5ToM cilyyae HaxoKJeHHWE IAPaMETPOB 4 =
{ag,a1,az,as,...,a,} sSBIAETCS OUECHB TPYAOEMKOH 3a/1a4€ii.
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B Hamrem kypce OyaeM paccMaTrprBaTh JHHEHHYI0 HHTEPIIOISIIMIO, T.€.
n
go(x,ao,al,ag, <. 7an) = § 'CLk(IOk)(CIf),
k=0

rie oy (x) - mMHelHo-He3aBucuMasi cucrema Gyukiwmid, k = 0, n.
Ucnonb3ys (1), nonydaem CJIAY s onpeneneHus napaMeTpoB ay:

n
Zakgpk(mi) =, 1<0<n. 2)
k=0
Jlnst Toro, 4TOOBI TTOCTABJIEHHAsI 3a/laya MHTEPIOJSAIUKA BCET/la UMea €IUH-
CTBEHHOE peIlIeHHE HEOOXOIUMO, UTOOBI OMIPEACIUTENb CUCTEMBI (2) ObLT OTIIMYEH
OT HyJIs, T.€.

A= detfppla} = | P Sl g )

pr(zn) @a(xn) - pnlwn)

3ameuanue. J[J11 TMHEWHON MHTEPIOALIMYI B KAU€CTBE CUCTEMbI (DYHKIIUN Hanbosee
yI00HBI alredpandecKne MHOTOWICHBI.
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HNuTepnoasiunonnas popmyia Jlarpanxa

Teopema. ITycts y () HenpepbiBHA Ha [a, b], Torna Ve > 0, 3P, (x): ||y(z) — P,(z)]| <
E.

[lycte Ha OTpe3ke [a,b] 3amaHBl TOUKH Tj - y3JIbl MHTEPHOJIHPOBAHMSI,
k=0,1,2,...,n, BKOTOPBIX ©3BECTHBI 3HAYCHHs PyHKIHMHK y(x ). 3amuiiem 3anaqy
WHTEPIOJIUPOBAHUS AJITeOpaniyeCKUMHU MHOTOUJICHAMU

L,(x)=ap+ a1z + asx’ + - + a,z".

T.e. HYKHO ITIOCTPOUTH MHOT'OHWJICH CTCIICHU 71 TaKOﬁ, YTOOBI

ag + a1 + apx? + - - - + a2l = y(x;), i=0,n.

JlaHHasg 3amaya HWMEET EOUHCTBEHHOE pEUIEHWE, TaK KakK OIPEAeNIUTEINb
MOJIy4YEeHHOM CHCTEMBI OTIMYEH OT HyJs (ompenenutens Banpepmonna), mnpu
YCJIOBHH, YTO HET COBIAJAIOIINX Y3JIOB.
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JleicTBUTEIIBLHO

1 x x% R
1 x; z° By
1 =ee

Pemenue mnoiy4eHHOW CHCTEMBI MOXHO 3allMCaTh pa3IMYHbIM 00pa3om,
Hanpumep B hopme Jlarpanxa.
HNurepnonsinuonnas ¢popmyJia Jlarpanxka no3BoiisieT IpeaCcTaBUTh MHOIO-
wie L, () B BUjie THHEHHON KOMOUHAIINH
n
Lo(z) = cp(z)y(zr)- 4)
k=0

Haiinem BoipaxkeHus ist ko duumenTtos ¢ (x). U3 ycnosus
Lo(zi) =y(z:), i=0,n

IIOJIy4aeM
n

> er(my(er) =y(x), i
k=0
MI'TY um. H. D. bBaymana, 1Y3, Becna 2014.
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OTH COOTHOIICHUS 6yIIyT BBIITOJIHCHBI, €CJIHN Ha q)YHKL[I/II-O Ck (ZL‘) HaJIOKUTH

YCIIOBHS:
. 07 /[/ # k?
cx(zi) = .
1, 1=k.
JaHHbIE YCIOBHS 03HAYAIOT, 4TO Kaaas QyHkiws cx(x), k = 0, n umeer He MeHee
n Hynew Ha [a, b].
Tak kak L,,(x) — MHOTOWIEH CTEMeHH N, TO ¢k (), k = 0, n OymeM HCKaTh TakKe
B BUJIE MHOTOWIEHA CTEIICHU 7, T. €. B BUJE:

ce(x) =M (z—x0) (x—21) (T —22) ... (T —T)—1) (T — Tp1) ... (x — ) .
U3 ycnoust ¢ () = 1 Haiigem kodpOUIHESHT \j:
1
(@ o= an=tro s (et ) (p =t YIS (=t

Takum 06pazoM, KOd(DGHUIHMEHTHI Cj () WHTEPHOISIHOHHOTO MHOrowieHa (4)
HaXOJATCA 1Mo popMyam

A =

[T (z—)

itk

[ (zx — i)

itk

)

c(z
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Yacro, naHHbE KOIPOUIMEHTHI PEICTABISIOT B HECKOJILKO JPYIOM BHJIE.
BBejieM B pacCMOTpEHHE MHOTOWIEH w () cTemenu n + 1:

wx)=(x—x¢)(x—z1) (. —22)...(T —x)_1) (x — 1) (T — Tp31) ... (T — xp,) .
BbIUnCInM IPOU3BOAHYIO TAHHOTO MHOTOYIECHA B TOUKE Tj:
W' (zr) = (wp — w0) (T, — 1) (T — T2) ... (T — Tp—1) (T — gy 1) - - (T — T -

Torma nosydnm, 4To
w(z)
p )
(z — zp) W' (24)
Hrak, MHTEpNOJASIHMOHHBIM MHOTO4YJIeH JlarpaHika numeeT BU:

cp(x) =

L) =3 — A0 oy S 2 )

=0 (:U — SCk-) w’(xk)

O eTUHCTBEHHOCTH pemieHusd 3aJa49 UHTCPIIOJIAIHHA

TeopeMa. HOCTpOGHHBIﬁ INOJIMHOM ABJIICTCA CAMHCTBCHHBIM PCHICHHUEM 3aJadun
HHTCPIOJIALINH.
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<« Jlomyctum npotusHoe. Ilycts ¢, () ¥ ¥, () — MHOTOWICHBI CTENICHU 7,
SBJISIONIMECS PEIICHHEM ITOCTABIEHHOM 3a[a4i HHTEPITOISAINN 1

n(Ts) = Un(x:) = s-

Paccmorpum muorowieH Q(x) = ¢, () — ¥y ().

OueBHIIHO, YTO CTENEeHb JaHHOTO MHOTOWIeHa He Bbie 1 U Q(z;) = 0 mpu
—Tn.

Ho ((x) obpatiaercs B HOMb B 1+ 1 TOUKe, TOTAa €ro cTeneHb paBHa 1 + 1.

CrnemoBatenpHO MPUILTH K mpoTuBopednto u Q(z) =0 u ¢, (z) = ¥, (x). »

IMorpemHocTh WHTEpHOIMpoBaHus. Ilpu 3amene ¢yHkuuu y(r) UHTEpP-
TOJISALMOHHBIM MHOTOWIEHOM L, () HOMyCKaeTcsl MOrpemHoCTh (MOrpeHOCTh
MHTEPIONSIITMOHHON (hopmyiibl Jlarpanka):

MI'TY um. H. D. bBaymana, 1Y3, Becna 2014.
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Teopema. ITycts y(x) € C’[Zﬁ —n + 1 pa3 HenpepsiBHO qudPepeHiupyemast GyHKIISI
Ha oTpeske [a,bl ma =19 <z <...<x, =0b. Torna Vz € [a,b], 3¢ € [a,b] Takas,

4TO ()
_ YA
y(x) = Ln(z) = mw(u@)-
B wacrrocty, ecu M, 1 = m{aog] |y ()], To Vz € [a,b]
z€|a,
MnJrl
V(o) = Lo(o)] € o ()]

<« PaccmoTpum QyHKIMIO

U(z) =y(x) = Ln(z) — kw(),

e BenuunHa k Oymer onpenenena mosauee. Tak kak y(x;) = L,(x;), o U(x)
UMeEET KOPHU L, L1, T2, - . ., Tp.
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Badukcupyem HekoTopoe =¥ € [a,b] u mombepeM k TakuMm 00pa3oM, YTOObI
¢yuxims U (x) nmena kopeHs B 27, T.e.

y(a*) — Ln(z7)
w(z*) '

Uz*)=y(z")— L,(2%) —kw(z*) =0, = k=

[Tpu takom BeiOope k pyukuust U (x) umeer n + 2 KopHs Ha oTpe3Ke [a, b].
*
Loy, L1,X2y...,Ljy Ty Tjaly...,Tp.

Cnenosarensro, U'(x) umeer n + 1 xopens Ha [a,b], U”(x) umeer n xopreit
Ha [a,b| u T.10. IIpuxomum K BeiBOLY, 4TO U (”H)(m) MMeeT Ha [a, b] onuH KopeHb,
KOTOPBIN 0003HAYUM &.

Torga U1 (€) = 0, mo

U(n+1)($) _ y(n+1)($) . L(n+1)(x) . kw("“)(x).

n

+1
Tak Kak creneHb MHorowieHa L,(x) paBHa m, TO LYy )(SU) = 0, a cremneHb

MHOTOUNeHa w () paBHa n + 1, cnenoBarensro w1 () = (n+1)!. Torma

y"(€)

0=UMYE) =y —k(n+1) = k:(n+1)!.
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[TpupaBHUBas paHee HAMICHHOE BRIPAKCHHE TS K TTOTydaeM

y(@) = Lu(a®) _ y™(E)
(@) (n+ 1)

OTKYyJZla CIEAYET, YTO

. oy
y(x*) — Ln(z )—m

O "HamnyulieMm BbIOOpeE Y3/10B HHTePNOJupoBaHusi. MHorowieHbl YeObimie-

w(x"). >

Ba.

MHuoro4enst Yeobimesa Ha [—1,1].

Bo mHoOrmx Bompocax 4YMCIEHHOTO aHajiu3a, CBA3AHHBIX C MHUHUMHU3AIUEH
MOTPEIIHOCTH BBIYUCIUTEIBHOTO AJIFOPUTMA, HAIIM TPUMEHEHHUE MHOTOWIECHbI
HauMEHEE YKJIOHSIOIIMECS OT HYJIS.

OcHoBHas 3amaya. Cpeayd BceX MHOTOWICHOB CTENEHU 70 CO CTapIIMM
K03 PUIIMEHTOM paBHBIM | HalTH Takoi MHOTOWIEH 1), (), U KOTOPOTO

max |7,(z)| — min.
xe[—1,1]
MHorousieH 001a/1af0IIMNA TAKUM CBOHCTBOM HA3bIBAIOT MHOTOYJIeHOM YeOnImie-

Ba MM MHOI'OYJICHOM HAUMCHEC YKIIOHAIIHUMCSH OT HYJI HA [-1,1].
MI'TY um. H. D. bBaymana, 1Y3, Becna 2014.
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Takoif MHOTOYJIEH OBLIT TOCTPOEH U
T, (x) = 2" cos (narccos ) (6)

Paccmorpum cHadana MmaorowieH P, (), ontugatommiicst ot 1), () B (6) TOIBKO
MOCTOSIHHBIM MHOKUTENIEM 21"

P,(x) = cos (narccos x) (7)
[TpoBens nmpeoOpazoBaHus

cos ((n + 1)arccos ) + cos ((n — 1)arccos x) =

= 2cos(n arccos x) cos (arccos x) = 2z P, (x)

MOYKHO YOEIUTHCS B CIIPABENIMBOCTH PEKYPPEHTHOTO COOTHOIICHHUS
Poii(z) —22P, () + Po—1(x) = 0.

[onb3ysick hopmyinoit (7) umeem Py(z) = 1 u P (z) = x.Ilonb3ysch nomy4eHHO#
peKyppeHTHOMN (HOPMYITOif MOXKHO TTOKA3aTh, 4TO

Py(z) =2z° — 1,

Py(z) = 2°23 4+ ws(2),

Py(z) = 2°z* + wy(x),

MI'TY um. H. D. bBaymana, 1Y3, Becna 2014. 15



[To MHIYKIIMU MOKHO TOKa3aTh, 4T0 P, () — MHOTOWIEH ¢ KO3 PHIIHEHTOM
npu 2" pasubM 2" npu n > 1. Torna muorounen T),(x) umeer ko3pPUIIHEHT
npu " paBHBI 1.

Kopuu muorouneHa 7, () pacronokeHsl B TOUKAX Tj, = COS {21 (1+ 2]{)] npu
- n
k=0,(n—1).
, k
OKCTpeMyMBbl OyIyT pacHolIOKeHbl B TOYKaX I, = cos| — |, Opu k =
n

1,(n —1). KoTum Toukam 106aBUM TOYKH, B KOTOPBIX (DYHKIIUSI IOCTUTACT CBOMX
HauOOJIBIIEr0 ¥ HAMMEHBIIETO 3HAYCHUIA, T. €. KOHI[BI oTpe3ka [—1,1].

wk _
Torma ) = cos <—>, npu k = 0,n. 3HaueHus MHorowieHa YeOwlicBa B
n

9TUX TOYKaAX
T, (z}) = (—1)%2'",

Torma

To(z)| =2'".
ez [Tn(@)]

JIoKa)xeM, 9TO Cpe BCeX MHOTOWICHOB CTEIICHH 71, TIOCTPOCHHBI MHOTOUJICH
T, () — MHOTOUIICH HANMEHee YKIIOHSIOIHICS OT Hyst Ha [—1, 1].
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[ycts @, (r) — 700060 MHOTOUYICH CTENEHH N C CIUHHICH MPH CTapIieM
ko3 durmente. O003HAYUM

||1@nll = hax |Qn()].

Teopema. IlycTh cymecTByer cucteMa TOUEK
—1<a, <al, | <..<xj<z;<1

Takasl, 4To
|Qn(@p)| = 1@ull, k=0,n,

npudeM (), (7)) UMEIOT Yepenyromuecs 3Hakd. Torma Cpeid BCEX MHOTIOUYICHOB
CTemeHu n co cTapumm kodddunuentom 1, MHOTOWIeH (), () HAUMEHEE YKIOHSIETCS

OT HYJIA.

<« Jlomyctum mipotuBHOe. IlycTh cymiecTByeT MHOTowieH (QF (x) creneHu n ¢
ko3¢ dunmeHtom npu x" paBasM 1 Takoi, uro ||Q%|| < ||@Q,|| 1, crenosarensHo
Q% ()| < ||@n|| mnst Beex x € [—1,1].

MI'TY um. H. J. baymana, 1Y3, Becna 2014. 17



Pacemorpum dynkumo R(z) = Q,(z) — QF (), KoTopas sIBIseTcsi MHOTO4Ie-
HOM CTEIIEHH HE BBIIIE, YeM (1 — 1) ¥ OTIIMYHA OT TOKICCTBEHHOTO HYJIS.
/
CornacHO yCIOBHIO TeOPeMsI, yucia (), (&} ) UMEIOT Yepe/IyoIuecs 3HAKH.
ITycTh I ONpeNeIeHHOCTH

Qu(z}) = (=1)|Qull, k=0,n.

Torma

R(zt) = (=1)"|Qull - Qr(x}), k=0,n.
CnenoBarenbHo, MHOTOWIeH R(x) Ha orpeske [—1,1] n pa3 MeHser 3Hak, T..
MMEET 1 KOPHEH. A 3TO He BO3MOXHO, Tak Kak R(x) —MHorousneH crenedn (n — 1).
[Ipunu K MPOTHBOPEYHIO W CIICOBATENHRHO MHOTOWIEH (), () — MHOrousIeH
HaMEHee YKIOHSIOIIUICS OT HyIIsL. B

CorracHO [oKa3aHHOW Teopeme MHorowieH YeObimea 1),(x) sBisieTcs
MHOTOYJICHOM HaHMEHEe YKJIOHSIOIUMCS OT HyJISL.
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PaccMoTpuM ciiy4aii mpouM3BOJIBHOIO oTpe3ka [a,b]. Jlannas 3amaua
CBOJIUTCS K NMPEABIAYIIEH C TOMOIIbIO 3aMEHbI

2 b
- v +a

b—a b—a’

MPUBOIAIINN OTpe30K a < * < b B orpesok —1 < ¢ < 1.Ilpu Takoii 3ameHe

MHOTOWIeH YeObIiena
T, (t) = 27" cos (narccos t)

npeodpaszyercs K BUAY

F,(z) =2""cos <n arccos

2z — (b+a)
b—a )

2

(b—a)"

CrnenoBarenbHO, CpeIM BCEX MHOTOWIEHOB CO CTApUIUM KOA(P(ULIHUEHTOM

B stom cnyuae, koapuimeHT npu =" paBeH

paBHBIM 1, HAUMEHEE YKIIOHSIFOIIUMCSI OT HyJISl Ha [a, b] SBISIETCS MHOTOYWIEH

T, (z) = (b—a)" M) .

=~ cos | narccos
22n—1 ( b—a

MI'TY um. H. D. bBaymana, 1Y3, Becna 2014.



KOpHI/I 9TOIr0O MHOI'OYJICHA PACIIOIIOKCHBI B TOYKaX

a+b b—a (2k+1)m
— -

X, : R v k=0,(n—1),
a €ro MakCMMAaJIbHOE OTKJIOHEHHE OT HYJISl PABHO
(b—a)"
T, (z)| = >
jlgl[%?lf] | n(.ﬁlﬁ')‘ 22n—1

HNuTepnonupoBaHue ¢ KPATHBIMHU Y3J1aMH.

HHTEepNOJSINHOHHBI MHOroYwIeH Jpmura. Paccmorpum Gosee 00LIyrO
IIOCTAHOBKY 3a/1a4K MHTEPIIOJIALIUM.

B ysnax zj, € [a,b], k = 0,m, cpeam KOTOpPHIX HET COBMANAIONIUX Y3JIOB,
3anaubl 3HaueHus GyHKmn f(z;,) u ee npoussonusie f) (1) no mopsiaxa N, — 1
BKJIFOYHUTEIBHO.

TaxuM 00pa3oM, B KaKI0i TOUKE Xy, H3BECTHBI

f(xk>7 f/(xk)a fl/(xk‘)a XX f(Nk_l) ('xk)a
m3BectHo No + Ny + - -+ + INV,,, BEeJIMYUH.
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OcHoBHas1 3aga4a: TpeOyeTcs MOCTPOMTH ajredpanyecKuil MHOTOYJIEH
H,(x) crenenn n = Ny + Ny + -+ + N,,, — 1, juist koToporo

H)\(x) = f'(z), k=0,m, i=0,(Ny—1). (3)

Muorounen H,,(x), yIoBIeTBOPSIOIIHiA yCIOBUSIM (8), HA3pIBACTCSI HHTEPIO-
JSIIMOHHBIM MHOTOUIeHOM Jpmuta 11t Gyukuuu f(x). Yucnao Nj, Ha3bIBaeT-
csl KPATHOCTBIO y3J1a Ty

JlokaxeM, 4YTO HWHTEPHOJSLMOHHBIA MHOTOWIEH OpMHUTa CYHIECTBYET H

CANHCTBCHCH.
HpGI[CTaBI/IM MHOI'OYJICH B BUJC

H,(x) =ay+a1x+---a,x".

Yenoust wnTepnonsauuu  (8) nmarot CJIAY  orHOcuUTenbHO KO3 GUIIMEHTOB
apg,a1y...,0p.
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Hucno ypaBHEHUM MMOJYYEHHOM CUCTEMBI PABHO YMCITY HEU3BECTHBIX U PABHO
No+ Ny + -+ Np,.
JocrarouHo nokasars, To ogHopoaHas CIIAY

H'(x;)=0, k=0,m, i=0,(N,—1) 9)
HMCCT TOJIBKO TPUBUAJIBHOC PCHICHUC
ap=a,=...=a, =0.

U3 cucremsl (9) npu ¢pukcupoBanaoM k u ¢ = 0, (N, — 1) crnemyer, 9to 4rcIio
T}, SIBJISAETCSI KOpHEM KpaTHOCTH V), MHOTOUNeHa H ().

Takum 00pa3oM, C y4eTOM KpaTHOCTH MHOrowieH Hj(r) uMeer He MeHee
No+ N1+ -+ N, =n+ 1 xopus Ha [a, b).

Ho creniens muorounena H, () paBua n u, ciaemnosarensuo, H, () = 0. Torna

ap=a1=...=a, =0.

CnenoBarenbHO, cucteMa (8) OJHO3HAYHO pa3peniuma IMpu JIHObIX MPaBbIX
qacTsX.

MI'TY um. H. D. bBaymana, 1Y3, Becna 2014.

22



Tak kak kod(duuueHtsl a; MHOrowieHa H,(x) BBIPAXAIOTCS JIMHEHHO
gepe3 f (Z)(xk), TO JAHHBIA MHOIOWIEH MOXHO IPEIACTaBUTh B BHUJIE JIMHEHHON
KOMOMHAIINHN

Z Z Ckz )(ZL‘k), (10)

k=0 i=0
rIe ki () - MHOTOUJICHBI CTEIICHH 7

IIpumep. Ilycts 19 < 1 < T9 - TOUKH, B KOTOPBIX 3aJaHbl 3HAYCHUS

f(zo) = fo,
fx) = fi, f(z) = fi,
f(z2) = fo.
TpeGyeTcst HOCTPOUTH MHOTOUIICH TpeThel cTenuun Hs(x) Tako#, 4o
Hj(xo) = fo,
Hs(x1) = fi, Hs(x1) = fi, (11)
Hs(z2) = f

MI'TY um. H. D. bBaymana, 1Y3, Becna 2014.

23



bynem uckars ero B Buje
Hs(x) = coo(z) fo + cio(z) f1 + 011(33)f{ + co0() fo,

e coo(x), c10(x), c11(x), cop() - MHOTOUIIECHBI TPETHEH CTEMIEHH.
[TorpeOyem, 4TOOBI

coo(xo) =1, cio(wo) =0, c2(z0) =0, cn(xy) =0,
coo(21) =0, cio(z1) =1, cpo(z1) =0, cui(z1) =0,
coo(w2) =0, cio(z2) = 0, ca0(w2) =1, cri(z2) =0,
coo(1) =0, (1) =0, dylz1) =0, (1) =1

Tak Kak coo() IMEeT KpaTHbI KOPEHb B TOUKE 1 M MPOCTOM KOPEHb T3, TO €r0
OyzeM ucKaTh B BUJIE:

coo(z) = K(x — 21)*(z — x3).

U3 ycnoBust cyp(xg) = 1 Haxomum

1
K= :
(o — @1)*(w0 — x2)
Takum o6pazom,
_ 2(p —
Coo(SC) _ (x $1) (l’ ZCQ) (12)

(zo — x1)*(wo — 22)
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AHaJOTMYHO MOJTy4YaeM

(z — ) (x — x1)?

o e e
(T —z0) (v —21)(T — 22

)= (21— z2) (21— 20)

MHorouieH c¢1g(z) OymeM HCKaTh B BUIE

c10(x) = (x — x0)(z — x2) (i + ),

e v ¥ (3 - HOCTOSIHHBIE, HOJIeXKAIIHE ONPEICIICHHUIO.
U3 ycnosus ¢19(z1) = 1 Haxomum

C20 (SC) =

1
(21— 20)(T1 — 72)

Venosue ¢ (1) = 0 MpUBOANUT K ypaBHEHHUIO

Ck$1+6:

(x1 —x0) (21 — x2)a+ (axy + B) (221 — 29 — 22) = 0.

N3 nocneguux ABYX paB€HCTB HaXOAHUM
2x 1— Ty — T2

(21— 20)* (21 — 22)

a=— =
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ﬂ: 1 <1+3}1(23}1—$0—$2)>’
(21— x0) (71 — 22) (21— zo) (71 — 22)
Takum o6pazom,

c1ol) = (.’,C—Io)(x—.’lfg)) (1 _(z—71) (2, —xo—x2)> |

(21— 20) (21 — 22 (1 — x0) (21 — 2)

CrieoBaTeIbHO, HCKOMBINA HHTEPIOSAIIMOHHBIA MHOTOWIEH H3 () nMeeT BH

(x_xl)Q(x—l'Q)
(2o — 961)2()x0 _ x2)f(xo)+ (
(z—mo)(x—x2) [, (z—21)(221— 20— 1) )
+ (z1 — 20)(x1 — x2) (1 o = 20) (21 — 22) )f( 1)+
(. — ) (z — 1) (T — 29)
(x1 — x2) (21 — T0)

7/ (w2) + fi(zy).

X
(2 — ) (& — 22)?
" X

(SUQ — X )\ T2 — ZE1)
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